On the center of a wreath product of truncated polynomial algebras
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n RXIFREE S,
{1,....n} D5 {1,... n} NOLEFRIRTORITERIC, BEEROERL LTERE.
cycle BRRICH T BT cycle DREISLUTOED TEHISH] IC1T75.
& cycle DRELE

SsDILoMo(l)=2,0(2)=3,003)=1LTERXONTEE, 0 D cycle REEIE (12 3) H
(231)H1(312). CDBFHIF o D cycle BERIE 1 DD cycle B'5HD, ZORIIF3 THB.

AR
S, DTT o D cycle PRDREIT—ETIIBVHD, SEIDRRKRICH T I ERITEDOREICHKS
TI1TR3. cycle PRDREBICEWVT, BT 1 D cycle ITREDEL B VRO EERT S.
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RITD cycle K&
DTT o D cycle PRDRELHD (11 ... 1) THBDLTSD. COLE, S, DEEDIT 7 I

Sn
L, 707! D cycle PRDREBE LT (1(11) ... 7(1n)) DESENB.
LEEDGMEIL o D cycle BRDREEHIEED cycles £ B BIHBEICHRBRICAKADILD.

t
EQEHROEFIEMETI A = (\,..., ) ZAFILIER. SFIAICHL D N % [N L5
=1
TN =nTHBRLE ANEnOBFEIER. &1, 0DHE%E ) TRY.
0 DRENIATOSENEEEET IHICHBELRS.




n DZBEDE|

t
tEDSEIOT A = AV, AO) % - BEFRCER. Y N =nTHBLE A\ ZnD
=1
-ZERE IR,

AR

ZENENCEVWTIIIEEER DT (AD],..., |\O|) BEFIEEMTH 3 BBIFEL.

ZENEIDA

2 M 2-ZBEHENE ((2),0), ((1,1),0),((1), (1)), (0, (2),(®,(1,1)) D 5EHS. 2D 3-ZEHE
I$91@, 3D 2-ZERENF 10EHS.
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m,r Z 1A EOBBETS. £8{0,...,r —1}" & L,, TR L, DTTa = (a1,...,0m)
IKRL, > ap % |of 2T

k=1

Iy WCXT T B424(F

Ly DT o= (a1,...,0m) E1AEM — 1 UATOBE p ICHL, ap <r—1DDap1 >0D
EE, (a1,...,ap_1,0p+ Lappr — Lapio, ..., an) BER L, DTTTHS.
la|=a(r—=1)+b(0<a<m,0<b<r—1) 9B, ol LRRDIFEZRDEI LT
(r—1,...,7r—1,b,0,...,0) HMF5N3. ChZ o DEED CIESR.

SEFRIIEIEICK DITh N 3.
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U, R REMTARFOTRERLL, AZERERBHE R-RBL T3 05, R LT
A=EDRai (i # j BB a; # a;) LREBLRET 3.
=1

R-X#D wreath &
ERERBHE R-KEBD S, IC&D wreathF&E A1 S, ZEUTDESICERT 3.
e ERL LTI A" Q RS, (TYVIFEIEFRLETED)

e (a1®  QRap)Rc& (1 ® - Rby)®T DfE%E (albgfl(l) K- & anbr1(n)) ® or TIE
&, R-#RRZICHEER T 5.

COrE RMBLLTALS, =P R((a;, ® - ®a;,) ®0) THB. f=1 LEMIZ
1<ip<t(1<k<n)oecS, z2E3.




& S, DEITT, Ip % ROBAITI % ADBAIITETS. 5, (1<i<n) %S, DT
(ii+1) 3 3.

e ADTTallWL A8, DT (a®14®---®14)R1lgcZa &BEL.

¢ S, DTl L AS, DT (14 ®---®@14)® 10 & 6 EEL.
UFTIHREDE CBIFNIE 1 RU 1y 23 1 LBEL, 1r o o LBERT S

wreath TEDFEIC & 2 LR

A:<a1,-" ,au>R—C§%t3—5 :@t%,A?S =<d1,...,aAu,SAl,...,SnA_1>R—C‘%5. TC
L, Or 3ERUMICE2ERERT.

SERADIE: EEDSFIZIEL s1a1s1 = (10 ®1®---01)@e THDH, TNZEEDIERLAWVL
BLETHERD (0, @ ®a;,) @ HFENS.
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truncated polynomial algebras @ wreath &

nENZIUEDEHRECTS. r,...,rnZ 1 ULOEKETS. LT, Al truncated
polynomial R-algebra R[z1,--- ,zn]/(2]', -+ ,2)y) &L, A1 S, & A4, TRY.
BEDELCBRWED, 6 ZBICo  ECZLLTS.
1SiSN‘:WL(33‘“81@“'@1)@6%1‘@1?%?.

1<p<nlIXHL spxipsy & zipr1 TR

AR

i T OVIIED j BED ¢, TOMERT1ILVWSTTH3.

A ldz;;(1<i<N,1<j<n)Cs(l<k<n) TERINhS.
CDEE, A, ICBITBEFRITRDBD £HB.
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oz, =0(1<i<N,1<j<n)

o xijx =y yriy (1<4,4 <N, 1<j4,5 <n)

o 52 =14, (1<k<n)

o spsp = Spsp (1< kK <n,|k—F|>1)

® SpSki1Sk = Sk+1SkSk+1 (L <k <n-—1)

o zijsp=>5pTi; 1<i<N,1<j<n1<k<n,j#kk+1)
o TSk = SpTigt1 (1 <i <N, 1<k<n)

® Zik15k = skxip (1 <i <N, 1<k<n)

Oxjj = xw(j)a —C&%
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RMBELTA, = PR][0 £%%. 1 LEMIE
0<d;;<ri(l1<i<N,1<j<n)oecbS,ZE>3.

&5 H xjijfjalogdi,j<ri,065n % BTKRY.

1<i<N
1<j<n
Ay DTTE D ab (o € R) LRLEE, ThHFRDDTTHB L EIC o, BED L S HKM%
beB
WMlETHEBRRTS.

G. Macdonald, Symmetric functions and Hall polynomials IC&WT, 8£®D wreath ¥ 5,1 5,, D
TCICBAIND type DELZZIART 3.
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type
b= Hazf;zja €BICXL, 0 D cycle BBy, - ZEB.
%cycle Yi = ('Yi,l 550 Vi,l(’yi)) 1 <5< N ‘:j"-.l' L, Yi () Z; ‘:ng-é;k&% Z d%.’k,j

1<k<I(s)

TRE®, §;j TRY.

i DIREE (5i1,....00n) TED, A(y;) TR

& cycles IR L, cycle DR EXEZHICL TIHF SN S multiset [(1(7:), A(3))]1<j<; Z 0D
type &MU, type(b) TR

AR

& cycle DREBUIFNZE > TWVWB DT, cycle DRLFICHK ST well-definded THB. b D type
|& multiset ZEBVTWAB DT, 0 D cycle DERICHK S T well-definded T#H B.
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BOESHE (1)
bo eBl<k<nl¥d COLSE, spb=sib Flzld bs, = Vs, B5IE, b=V TH3.

BB (2)
b eB,1<i<N,1<j<n¥9d CDEE, z;jb=uw;;b #0& I bx;; =bz;; #0
ol b=t THB.

type D S, FZEH

beB,1<k<noe€S, 93 CDLT, type(b) = type(spbsy) THS.
F7z, type(b) = type(obo™!) TH 3.

BEER: (2 3)(1 2)212(2 3) = (1 3)a1,3 DK DIC, cycle EEBDRXFIIRABHIELT B.
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A, DFDE Z(A,) BVIZEIC 2 THRY.
type BOHEH LS

Zcbb €EZETB CDEE bV eBICRL, type(b) = type(t)) BB ¢, = ¢y
beB

|
]

BiEH: b= Hm Yo b = Hx s d ICHL, type BFELWVWEWSIREDS 0 = 10/77 L ER
37€S5, 73‘#?"‘9‘6. V' =rT1b'r “ E93L, FLDTTHB L & 7 LDOREMEDS

Cp! = Cp 7:-!:0)—(, Cp = Cp %U_Tt'.'(viﬁl:\
UFOFIDESIZLTH 2, LDAREEBVTREANZLVHDEWS.

(1 2)33‘171 ‘:Eb\‘?) 33‘172 %ﬁ}‘”’é t (1 2)%’1711‘172 —C% D,

(1 2):1:172 lCEfJ‘B x1,2 ’5.’%:“75 e (1 2)x171x172 73303—6, 0(1 2z = 0(1 2)x1,2 %?%5
CNZEDIRT ER cycles ATDEZEDHDITR B.
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Type(B) & {type(b) | b€ B} TEH .
& T e Type(B)ICXL, Br & {bc B| Type(b) =T} TEDHB.

Central type

T € Type(B) IZRL, T = [l Bi1s 010y cicy DETRLULEE, & 1< j < N RUSE
1<k <tIZFLUATHHDIIDEE, T%Z central type EIEAR,
(lk - 1)(7']‘ — 1) < 5j,k < lk(Tj — 1)

AR

& cycley, D z; ICBIT B RBDRKED I (r; — 1) THD, TNEDED r; — 1 ATTH D&
BICIRE>TWB W ERDHFTHS.

Central type H'%9 Type(B) DEREE%E TypeC(B) TXRY.
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%80 DERD

Zcbb €eZ&d9%. Te Type(B)\TypeC(B) &9 5.

beB
CDEE, type(h) =THBIEc, =0THSB.

B REDS 65 < (I —1)(r; — 1) E583 j Lk DTFETBDT, D cycle LEBUCER
L/_t Cp = 0 %Zl__\_g-

UTOELL LTRINS.

(12) ICEDS 21, ZHNIB L (1 2)21, 2B,

EDS 2, BENTB L 211(12) = (1 2)z12 IC& DT 21, BHTL 379,

Eh 5 T1,1 ZHENTT (1 2)%‘171 LR BTTIETERE L’&:L\, BNs c12) = 0 TChB.
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Central type & Z

T € TypeC(B) £ 93K, Y beZTH3.
beBr

BEE: central type DEBD'DS, & s, RUK 2,1 CORBRMEZENDS.

n=2,N=1,r =20DiHae

Type(B) = {[(2,0)],[(2,1)],[(2,2)],[(1,0),
TypeC(B) = {[(2,1)], [( 2)],1(1,0), (1,0)]
T1,5 z T4 el B I (] =1 2)

Z = {(1 2):1,‘1 + (1 2){1}2, (1 2){[)11‘2, 1,1 + 1'2,1‘11‘2}
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n=2N=1r =3DiHFE

Type 14 [(2,0)],((2,1)], [(2,2)],[(2,3)], [(2,4)]
[(1,0), (1,0)], [(1,1), (1,0)], [(1, 2 I
2

1(1,0), (1,0)], (1, 1), (1,0)], [(1,2), (1,0)] [(1, 1), (1, )], [(1,2), (1, 1], [(1,2), (1,2)] D 9 4L
% central type ICXGT 3 Z DTTIE,

(1 2)22 + (1 2)z122 + (1 2)23,

(1 2)x2zy + (1 2)x123,

(1 2)$1$2,

1,

1+ 22,

x% —i—x%,

901552,

xlxg —i—xlx%,

9,9
LTy
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n=3N=1r =20D58

Type 14 [(3,0)], [(3, )], [(3,2)], [(3, 3)]

1(2,0), (1,0)], [(2, 1), (1,0)],[(2,2), (1,0)],[(2,0), (1, 1], [, 1), (1, 1], [(2,2), (1, 1)],
((1,0), (1,0), (1,0)], [(1,1), (1, 0), (1, 0)], [(1, 1), (1, 1), (1, 0)], [(1, 1), (1, 1), (1, 1)}
Z DA central type I& (3,2)] [(3,3)],

[ ;
12,1), (1,0)], [(2,2), (1,0)], (2, 1), (1, 1], [(2.2), (1, 1)],
(1,0), (1,0), (1,0)], [(1, 1), (1,0), (1,0)], [(1, 1), (1, 1), (1, 0)], [(1, 1), (1, 1), (1, )] @ 104
% central type ICXGT 3 Z DTTIE,
((1 2 3) aF (1 3 2))(1’133‘2 + 173 + 1‘21'3), ((1 2 3) aF (1 3 2))331.7}2.%3,
( )(a:l -+ :EQ) (1 3)(.731 + xg) (2 3)(:172 -+ xg) (1 2):]:1.%2 + (1 3)1‘1563 -+ (2 3):B2x3,
(1 2)(1‘1 aF 1‘2)1‘3 aF (1 3)($1 + 1'3).272 + (2 3)(1‘2 + 1‘3)1‘1, ((1 2) -+ (1 3) + (2 3)):1)11‘21‘3,
1,21 + 22 + 23, T122 + 123 + X223, T1T273.
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Z(Ap) RUZEDE|E DX [K]

Z(A) = @ RO_Db)

TETypeC(B)  beEBr

| TypeC(B)| & n @ [[ri-ZERBOEH L FL L.

BIEE: BIFICDOVWTIES ETOARB X EDHZ L TELNS.
BHEICDWTIE central type DEERICEWT,

(e = )(rj = 1) <855 < l(r; — 1)

EmIcT 0, R EICKRST r BHBCEZAVWT [[r-ZERENICRET S.

Central type £ ZESE| & DXL

n=2,N=1,r =20DF,

central type[(2,1)],[(2,2)], [(
20 2-FESE((2),0), (0, (2

1|
et
c/

0), (1,0)], [( ,0)],[(1,1), (1, 1)] IdENEN,

1,0),(1,0)],[(1,1), (1
), ((1,1),0), (1), (1)), @, (1, 1)) CHET S,
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FRER

Central type £ ZERE|E DXIIG (B F)

n=2,N=1r =30DBH,
central type I [(2,2)],((2,3)],[(2,4)],

(1,0), (1L,0)], [(1,1), (1,0)],[(1,2), (1,0 [(1, 1), (1, 1)) (1, 2), (1, 1)), (1, 2), (1,2)] i h
N,

20 3-ZEHE ((2),0,0),(0,(2),0),(0,0,(2)),

((1,1),0,0), ((1),(1),0), ((1),0, (1)), (@, (1,1),0), (0, (1), (1)), (0,0, (1,1)) EXFFET B.
n=3,N=1r =20DEs

central type ‘i [(3,2)],1(3,3)], [(2,1), (1,0)],[(2,2), (1,0)],[(2,1), (1,1)],[(2,2), (1,1)],
[(1,0),(1,0),(1,0)],[(1,1),(1,0),(1,0)],[(1,1),(1,1),(1,0)],[(1,1),(1,1), (1,1)] FENEN,
3D 2- giﬁiu(@) 0),(0,(3)), ((2,1),0),((1),(2)), ((2 ) (1)), (0,(2,1)),

((1,1,1),0), ((1,1), (1)), ((1),(1,1)),(0,(1,1,1)) EXFIT .
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