WEAKLY SECTIONAL PATHS AND BYPASSES IN THE
AUSLANDER-REITEN QUIVER

TAKAHIKO FURUYA

ABSTRACT. We show that if a weakly sectional path in the Auslander-Reiten quiver of
an artin algebra is a bypass, then it is precisely a sectional path.
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([1])o mod A THRAA A-MEOKTE 2K L, 7=DTr 8LV 7~ =TrD Tmod A
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LIRS, AEEOEBEFMEE X (€ mod A) 12k LT, X 2&0RAAMEEZHFO X Tiid,
N=X,—>Xp 1> —=>Xom>1)ETWIIBTHELETDH, ZOLXEHI(1<i<
n—1)BROT7v I ThhHEIT, 71X =X 0D EEEF S, F72 2 sectional
path ThH D EIX, QN7 v 7 &FlirnweEx, 2EV FEDOj (1 <j<n-1I
KLTTXj 1 # Xjp EDEZTEF D, S HIT Q27 pre-sectional path TH D &%, ¢
1<i<n-1) D7y 7R8bErX;1=Xip1 THDHLEZF D ([7])s BIH DT sectional
path I X pre-sectional path T& %,

AL HMZ, L TIZIR % bypass DMEEZHRILHETH 5,

Definition 1 ([2, 3]). X - Y Z I IZBIFHREL, n > 228K LT H, ZOLE T,
DEX=X)—= X, ==X, =YDBERX =Y Obypass THD EiE. X1 #Y 7o
X, 1 #X ThdHLE%EE5, 72, bypass 2 sectional path Th % & X, & D bypass &
sectional bypass & FE5,
Remark 2. bypass 1% [3] TRUNZEAISNIZBETH LM, 2] IZHDHEFEKE B ITH D
ERITDOTNCHER D, KL TIE 2] BT ERZHEHL TS,
Remark 3. LT OFENRIN TN S:
(1) I'y @ oriented cycle % & £ 72V A AT IZ 31T 5 KD bypass Id sectional bypass T
% ([3])s
(2) ADWAREBR D L x| 'y 1% sectional bypass ZHf72 720 ([3]),
(3) I'y 73 sectional bypass Z£f> & X Iy @ sectional bypass & £fO/ F 72 134K E
R MFET D ([2])s

KIZ, sectional TIX72\ ) bypass ¥ X U sectional bypass Ol % EiLEil i Tk <:
Example 4. (1) K #2(RE&AKLE L. I'2ROI7 A =T 5:
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The detailed version of this paper will be submitted for publication elsewhere.
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\_ODEJZ 2%, HEFRIZ sectional bypass BHFEL TS, FlIZiTERn+1 —n —
—>2—> 113K n+1— 1 @ sectional bypass T 5,

EFE®D Remark 3 Tik-<72 XK 912, 9 TIT sectional bypass (ZEdF DU < DO HFFEN
IRSITWD, Z ZTlE, bypass 25 sectional path ®—%{t, CT& % weakly sectional path
(4]) TR LLEEERT D,

2. WEAKLY SECTIONAL BYPASS

THER A2 RDAEZ, weakly sectional path DEFH AR X TEL, [H1 ORX = Y IZ
XLT, TOMEZ (dxy,dyy) TET, (DF D, dxy 1T Y ITHTL2EBMOHKGBROE
FAERESE LT L XIZHND X 0)1@@5( d T X ’iT@‘éETEEE/\ﬁ”’@@@Wﬂi%ﬁ
PR LT L ZICHNDY O, ) Ty D Q Xp—= X1 — = Xo (n>1) 2%t
LT ®EHJo %

={1<j<n—-1|jEZRO7v 7T, dx, x,=1%Hz7}
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TED D, BT, 277 pre-sectional path (272 5 MB35 MF1X Jo =0 TH D,

Definition 5 ([6]). n Z EOEH L L, 2= X =Xy, XoE TWDIELT D,
2 7% weakly sectional path & 1%, &% mod A | Téﬁﬁ%ﬁﬁﬂﬁi@%/\ {M;}jes, DT
FEL T, ROFMUEDELT D EEEF I,

(1)j—2¢JQ(3§)5EEEO)j€JQ LT, X; &M @7X, 013 X; OAMRER
FHOERBICBTHEMA T, (ZZ2T1e JQ@J:%\ TX % mod A I[ZB 1}
5ﬁﬁ5ﬁfﬁﬂﬂﬁ$<‘:ﬁ“5o )

(2) j —-2eJy T&)éﬁ:i@j 6 Jo XL T, Xj EBMJ EBTX]'_Q @TMJ‘_Q ﬁiX]‘_l D)
FS R GG O E RIS D EFIK T,

(3) j—2€ Jo THIHEED O <J<niZH LT, X; 07X, 0B T7M,; 213 X; 1 OF
BT SR D IE IR 1T D A -

Remark 6. (1) B35 23T pre-sectional path % weakly sectional path T& %,
(2) [4, 6] IZFB T, weakly sectional path DPEE NN DB R BTN D, FFIC
EE’ D Weakly sectional path % oriented cycle TIXRWNZ EARIN TV D,
(3) [4, 6] TITMR DK & D weakly sectional path NEFINTWD, £, LFLOE
’:FSDL Z)%/En\ {M;};es, & 2 @ support &FEA TS,

K LD ERERITIROBEY TH D

Theorem 7 ([5]). weakly sectional path 73 bypass D & &, Z iUl sectional path T %,
(3725 weakly sectional bypass 1% sectional path T&H 5, )

pre-sectional path |d weakly sectional path 72D T, EHIZKRZ1F5:
Corollary 8. pre-sectional path 3 bypass D & &, Z iU sectional path T 5,
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