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Setting
A .

:

fin. dim. K
- alg . JK = K

modA. : the cat
.
of fin

. gen .

A
- mod'

s
.

Def (motivated by Schur
'

s Lem . )

( 1 ) BEmodA- : brick :> B ≠ 0ィHf ≠ O : B → B is iso
.

Z ENdA (BJ ≈ K ( ; K = K)
brickA . :thesetof isolassesofall bricks in modA.

(2] 8 c brickA . :semibrick :⇒ HBT FBRES . HOMALB1 , B2) = 0
sbrickA . : the set of all semibricks

Naximality
ー

sbrickA .is aposet by inclusions c
Thus

,
maximal semibricks are defined

.

( :B SE SBrickIS . t .
1 S 'ESbrickA. L 4 S ')

Finiteness

(1 ) Manyalghaveinfinite semibricks

[ : § 8ESbrickA. S .
t

. #S =∞ as a set)
ex) A. = K ( 9 Ʃ 2]

{《 帯 \ | xek } : an infin
-
semibrick

(2) { $9 . $z , . . ,Sn } :maximalfinitesemibricks
etesetofallisoclassesofsimpleA -modules[ n = IA.1 }
HSEsbrickA : left finite

,

ヨ L' E
,
SCS' ,#S ' EIAIー"

Question

When is a fin
.

semibrick maximal ?



Representation schemes
A
.

= KQ /I ( Q : fin
. quiver, IC KQ : admissible)

Forr d ={dilicQo E
[出 20)

Q∞
,

rep (A. ,d ) : = {(φα ) α EQ ,E HHomk(Kdaix ,Kate) ( satisfycorres . ^のo 圭}
αEQ1

the representation scheme for ( A, d]
Irm (A. , d) := { irr. comp .

of rep ( A. , 1) }

Irr (A. ) : =田 :0) 0
Irr( A,d ).

Action of GL[d) rconnected
For d ε (出 : 0 )℃ ,GL [ 9 ) :

= . GL

(di)actson rep(A ,d ).

Foreach N E rep (A. , d) ,
O⑪ : = [ the GL [4) - orbit of IH )

= { 61 E rep (Q ,
1) 1 In asA -mod

'

s }
ZEINM (A. , 4J . , HEZ ⇒ONCOHCZ .

Def

BEbrickA :openbrick: SBE Irr (A]
戸 ヨ ZE Imr (A.) , OBCZ : open dense

Thm [A]
Let 8 e SbrickA : finite semibrick

.

(9 ) If 8 is maximal . theneveryBES isanopenbrick.

(2) IF BES ZE Irm (A) satisfy B 43 , then'

ヨ B ' EZ ,
SH {B'YESbrickA.

Rem

. The point of the proof is an argument similar to

(Geiss - (Labardini - Fragoso )-Schroer ]and [Bongartz}

On degenercations and extensionssemicontinuous maps on modvele warieties , 2024
of finite - limensional modules , 1996

See ( kousavand - Paquette } for more properties
on thebricks{schurrepsentationssof finite dimensional algebras

: Hom- orthogonal modules and brica-Braser-Thrallconjectures. …

of bricks and irr
. comp .


